Let d be a partition of [0, 11, m be an integer greater than two, and Y be the set of spline functions of order m (degree m -1) with knots in d. It is proved that for functions f(x) continuous on [0, 11, where w(e) is the modulus of continuity of f(x), 1 A I is the mesh of A, and distance is measured by the sup norm. The proof uses the variation diminishing spline approximation method developed by Schoenberg [13] to get a spline function whose distance from f(x) is bounded by the given expression. Similar bounds on distCf, 9') have been obtained by de Boor [5], but his coefficients are much larger and are not easily computed for large m.
SPLINE FUNCTIONS
Let m > 1 and n > 0 be integers and A = {xi}: be a finite sequence of real numbers satisfying 0 = x, < x1 < x2 < *-* < X,-l < x, = 1 and xi-m+1 < xi for m <i cn.
By a spline function [4, 13 , 141 of order m, or degree m -1, is meant a real function S(X) defined on [O, l] such that (i) S(X) is a polynomial of degree m -1 or less on (xi , x~+~] for O<j<n-1,wheneverx3<xj+I;and (ii) S(X) has a continuous (m -i)-th derivative on (xj , xj+$) for 0 < j < n -2, whenever xj < x~,~ .
Of course, the latter condition conveys no additional information unless one or more knots of A are interior to (xi , ++J.
CONCERNING BOUNDS ON
Schoenberg [13] has devised an approximation method that associates to each f(x) defined in [ and for the function g(x) = x2, the error
The proof of (2.6) is similar to the proof of (4.1) in [9] except that the bound x, -x, < (s -r) 1 A / is used instead of the looser bound x, -x, < k I A I. See also (6.1) in [lo] . [8] .
f. For Tchebycheffian spline functions (see [6, 7, 9] ), it is convenient to use Theorem 2 of (15) with F(t, 4 = j: WI(Y) j; w&) dz 4~ 2 l/2 bin We) (min W,(Y)) 0 -4" on the linear positive operator T developed in [9] (see also [6] ). Then A slight modification of the proof of (9.7) in [9] gives the improved result 
